Inequalities, relations and partial ordering for weighted reliability measures are presented.
INTRODUCTION
When observations generated from a stochastic process are recorded with some weight, the resulting distribution is a weighted distribution. Weighted models are widely used in several areas including biometry, ecology, forestry, and reliability (Gupta and Keating [2] , Gupta and Kirmani [3] , Patil and Rao [5] ). In reliability, the so called equilibrium distribution is a weighted distribution. The purpose of this paper is to establish bounds and inequalities for weighted distributions with monotone hazard and mean residual life functions. We give new partial ordering for weighted distributions and obtain inequalities for Lrvy distance The direct comparisons of random variables or their survival functions is usually more informative than through their moments (Jain et al. [4] [1] , [6] and [7] . 2 UTILITY NOTIONS AND SOME DEFINITIONS Let X be a nonnegative random variable with absolutely continous distribution function F(x) and probability density function (pdf)f(x). The weighted distribution of X has a pdf given by [Tw(x (x){W(x) + MF(X)}/E(W(X)), (1) where MF(X)= .{[(t)W'(t)dt}/'(x), assuming W(x)(x)--+ 0 as x --+ oc. The corresponding pdf of the weighted random variable Xw is
x > 0, where 0 < E(W(X) < c. 
if E(Xw) E(X) >_ E(rw) E(Y).
Proof This follows from the fact that E(Xw, ) {Var(X)/E(X)} + E(X). Proof The proof follows from the fact that 
for some s > 1, where W'(x) = dW(x)/dx, W(x) < lxl for some > 0, r > 0.
where fl min{r, , s -1 }, z {a(y + ) + ka -t + ea-} + 1, and
The first inequality is straightfoard. The second inequali follows om equation (26) . The line before the last inequality is obtained via integration by pas and the last inequality follows om (27) Noting that W(x) < elxl" 'for some r > 0, e, > 0, we have for x > 0, and Ixl _< a, n(x) n(x c) (31) and (32) for all x > 0, where we let 0 < c decrease to L(F, G) < in (31) and (32) with0_<fl< We let S_l(x)=f(x) be the probability density function of F if it (/(x + t) {1 + x/( + t)}e-/")dx 2&(e, + t) 2pe -'/' {2/( + t)}{pee -'/" + e -'/" > 2/e-qt'{e -/' e,/(p + t) 1} 2e-'/'/(/ + t) 2e-'/'{p{e -'/' (e,/(p + t)) 1} 1/(p + t)} 2e-'/'(q + 4).
The first inequality follows from the fact that W(x) is increasing, so that
[Zw,(y) > ['t(y) for all y > 0. The second inequality is due to the fact that/(y) >_/?(v + t) for all y > 0, and for > 0. The last inequality follow from Lemma 1.
